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integral part of an embodied autonomous system. The systems architecture is to be comprised 
of three types of learning systems that correspond to three essential aspects of the complete 
embodied autonomous system. The first is a self-supervised learning system process, which 
will be capable of extending motor programs that are generated by a reinforcement learning 
process from an existing set of motor programs. The second is a value learning system that 
will take a set of innate values and generate new motor programs based on a reinforcement 
learning process. The third is an unsupervised learning process that performs invariant feature 
extraction. A single component of the unsupervised learning model, a feature map, is what is 
described within this document. Specifically, the unsupervised learning model is to eventually 
govern a hierarchy of feature-maps, and this hierarchy is to constitute the invariant feature 
extraction model. Within this hierarchical architecture each feature-map will concurrently 
process a continuous stream of bottom-up sensory input data, and learn to extract invariant 
features. The invariant features extracted by each feature-map serve as the inputs for feature-
maps at a higher-level in the hierarchy. Individual feature-maps are comprised of existing 
neural networks learning mechanisms, such as competitive learning. Though, the original 
contribution of the proposed feature-map lies in the capability to learn global connectivity to 
its input layer. 
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1. Introduction 
This deliverable specifies the design and implementation of the basic building block of an 
invariant feature-map learning model. The invariant feature map model together with 
supervised and unsupervised learning processes is to be one of the key aspects of the systems 
architecture. Also, a reinforcement learning process will govern the derivation of new motor 
synergies, and a self-supervised learning process the extension of existing motor-control 
behaviors. The invariant feature-map learning model is to be a hierarchy of feature-maps where 
connectivity1 between feature-maps is learnt during an unsupervised learning process. An 
individual feature-map is comprised of several previously tested mechanisms common to a 
variety of neural networks architectures, for example, learning to extract invariances from 
input data (Lowe, 1999). 
 
A feature map is a single processing unit that is designed to accept information in a specific 
context, for example: cortical patterns, and learns expectations from this context. Expectations 
are predictions of bottom-up input2, based on top-down and lateral stimuli, where lateral 
connections refer to connections between neurons within a single feature map layer. At the 
current stage of implementation a single feature-map consists of two layers, though this 
structure is to be extended to include more layers in future implementations. The upper layer is 
termed an invariant feature layer, and the lower layer is termed an elementary feature layer. 
The primary role of the elementary feature layer is to cluster bottom-up inputs within particular 
spatial and temporal neighborhoods at the invariant feature layer, meaning that elementary 
features gathered at the invariant feature layer are features that occur in close temporal and 
spatial proximity at the elementary feature layer. In the complete hierarchy of feature-maps the 
goal is to learn global bottom-up input connectivity over time, where the intended purpose of 
such a hierarchy is that different feature maps would represent different sensory modalities 
such as vision, haptic sensation, proprioception, and audition. 
 
This document aims to place a matter of perspective on the role of a basic unit within the 
systems architecture, which is to eventually represent the agent’s brain, and then to broadly 
outline how a composition of such basic units will interact with the agent’s motor-system. The 
first aim is to delineate between the two main aspects that are to comprise the complete agent, 
namely the systems architecture, and the motor system, which will form an essential part of the 
agent’s embodiment. The motor-system is to be based on a reinforcement learning process as a 
means of attaining motor learning and providing a mechanism for curiosity. The reinforcement 
learning process is implemented as a separate part of the system, and represents a value system 
that encapsulates potentially useful values such as novelty, which will be used to derive new 
motor programs. That is, to encourage exploration of novel aspects of the environment as a 
means of maintaining the capability to learn new things. The value signal of the reinforcement 
learning process is a function of novelty, where the aim of the process is to regulate novelty so 
as to maximize learning. The motor system implements a basic set of behaviours that form 
                                                 
1 In this context, the learning of connectivity refers to weight connections learnt from bottom-up inputs to the 
elementary feature layer, where bottom-up input axons are locally connected to a particular neighborhood of the 
feature layer, and global competition for connections takes place between input axons. 
2 At this prototypical stage of the feature-map implementation, input to the elementary feature layer is 
implemented as a pixel array where a set of pixels corresponds to a single input at the elementary feature layer. 
The input data maintains an implicit topology (a well defined object) that is spatially and temporally invariant. 
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exploration strategies to drive the system towards novel aspects of its environment, where 
novelty is characterized by discrepancies detected between bottom-up inputs and top-down 
expectations. The second aim is to describe a basic unit as forming part of a model of the 
cortex, and the capability of such a model to learn to extract invariant features. The cortex as a 
whole is to be modeled upon an unsupervised learning process. Specifically, the cortex is 
modeled as a hierarchy of feature-maps that performs unsupervised learning in bottom-up 
manner and supervised learning in a top-down manner. Within the hierarchy of feature maps 
modeling the cortex, it is the interaction between supervised and unsupervised learning that is 
to facilitate inter-modal transfer, where the goal is to find connections between different 
sensory modalities. It is important to note that a single feature-map models only part of the 
cortex, where a single feature-map incorporates unsupervised learning of bottom-up input 
stimuli, as well as supervised learning of top-down stimuli. 
 
The system will utilize an inter-play between two different types of learning as a means of 
attaining a complete system that constantly searches for novelty and thus maintains a state of 
plasticity in learning. It is the interactions between supervised and unsupervised learning 
processes of the feature-map and the reinforcement learning process of the motor-system that is 
intended to produce a constant state of plasticity in learning and motivation to learn. 
 
The top-down supervised learning process of the feature-map attempts to predict bottom-up 
inputs based on context specific top-down and lateral inputs. These predictions are then termed 
expectations. Thus, if expectations are perfect there ceases to be novel inputs as the system has 
learned to predict all bottom-up inputs. Once expectations have been perfectly learnt by the 
supervised and unsupervised learning processes, it is the task of the motor-system, based upon 
a reinforcement learning process, to drive the attention of the system away from these 
expectancies and to explore novel aspects of the environment, thus avoiding fixation upon a 
given set of expectancies. 
 
The unsupervised learning process attempts to combine multiple feature-maps in novel ways 
for the purpose of deriving novel multi-modal and unified representations. The learning of 
global connectivity of bottom-up inputs to the feature-map is to be a key contribution, where 
this learning is facilitated by the interaction of complementary global and local competition 
mechanisms. 
 
It is expected that the combination of complementary competitive mechanisms proposed in this 
document will solve some of the problems that have confounded traditional unsupervised 
competitive learning models, such as poor scaling of training time with an increased dimension 
and size of data representation. Specifically, it is hypothesized that the interaction between 
global competition in learning and local competition for activations, and the learning of global 
structured connectivity to the elementary feature layer will lead to a linear scaling of 
computational complexity. This scaling is to be proportional to the number of representational 
units comprising a feature-map thus allowing concurrent representation and processing of 
multiple sensory modalities. 
 
The core of this document is dedicated to the formalization of a feature-map and processes 
governing complementary competitive mechanisms and modification of connectivity within 
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and between feature-maps. The ultimate goal of a feature-map is outlined as being able to 
integrate its functional structure into a complete and autonomous learning model that can be 
embodied within a physical system. Though, it is important to note that the composition of 
novel multi-modal representations and the derivative of sensory-motor coordinated strategies 
and their integration with an embodied autonomous physical system (Metta et al. 1999; 2001) 
will require an unsupervised learning process interact with phylogenetic modules dedicated to 
value learning (Sutton and Barto, 1998). The design and implementation of value-learning 
modules is to be a future research focus. 
 

2. Literature Review and Motivation 
The purpose of this section is to outline several types of mechanisms common to various 
unsupervised learning models described within neural networks literature. Competitive 
learning mechanisms used for the purpose of representation discovery are primarily surveyed. 
Such learning mechanisms provide inspiration for, and individually contribute to the proposed 
invariant feature-map. 
 
It is generally agreed that in machine learning, supervised, unsupervised and reinforcement 
learning are three broad classes of learning methodologies, where supervised and unsupervised 
learning are more closely related to each other than reinforcement learning. In the standard 
reinforcement-learning model, an agent is connected to its environment via perception and 
action, where action changes the state of the environment, and the value of this state transition 
is communicated to the agent through a scalar reinforcement signal (Kaelbling et al. 1996). 
Supervised learning aims to generate a function from training data, where the training data 
typically consists of a set of input vectors, and a target output vector. The task of the 
supervised learner is to predict the value of the function for any valid input object via 
generalizing from a small number of training examples. The goals of unsupervised learning are 
typically to find useful representations in the input data, such as clusters of relevant 
information as accomplished by k-means (Hertz et al. 1991), dimensionality reduction as 
performed by Principle Component Analysis (Jolliffe, 1986), or the building of topographic 
maps as done by Self-Organizing Maps, or SOMs (Kohonen, 1989, 1996; 1997; Kohonen et al. 
1997a; 1997b; 1997c). 
 
2.1. Competitive Learning 
The most prolific application of competitive learning in neural networks research is to the 
common problem of finding a suitable representation of the input data, by means of a suitable 
transformation. Finding a suitable representation is important for the purposes of any kind of 
meaningful analysis on the data, such as pattern recognition, data compression, or 
visualization. For computational and conceptual simplicity, such a representation is often a 
linear transformation of the original data3. Competitive learning is one type of mechanism for 
the discovery of useful representations in data, and typically works via de-correlating 
activations between individual input representations. In the proposed feature-map the 
competition mechanism for inputs is different from standard competition mechanisms found in 

                                                 
3 Well known linear transformation methods include Principal Components Analysis, or PCA (Jolliffe, 1986), 
Factor Analysis (Gorsuch, 1983), and Independent Component Analysis (Hyvärinen, 1999). 
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neural networks literature, though several standard mechanisms are outlined herein. The three 
widely accepted methods for performing de-correlation are winner-take-all, which is able to 
represent only small amounts of information though can be computed in linear time simply via 
selecting the largest activation value, lateral inhibition, which is computationally complex, and 
inhibitory feedback, which often de-correlates more than is desired, and requires synchronized 
representations and inputs. 
 
In methods for lateral inhibition, such as Maxnet (Lippman, 1987) and the Mexican hat 
(Kohonen, 1989), the output of each node feeds to others through inhibitory connections. 
Methods for lateral inhibition are an essential feature of many self-organizing neural networks, 
as they provide a mechanism through which neurons compete to represent distinct patterns 
within the input space. Also, they can be used to de-correlate the activations of neurons, so that 
the response of the network is a distributed representation of the input (Foldiak, 1990). Strong 
lateral inhibition can be used to generate a local encoding, where a single neuron inhibits all 
others (Yuille and Geiger, 1995), and by allowing the lateral inhibition strength to vary as a 
function of the distance between neurons it is possible to preserve the topology of the input 
space (Swindale, 1996; Sirosh and Miikkulainen, 1994). 
 
In methods for inhibitory feedback, which typically occur in the guise of generative models, 
components of the model compete for the right to represent inputs with the goal of minimizing 
error. Methods for inhibitory feedback work only if the representation and inputs are 
synchronous, multiple neurons representing the same thing are needed, and synchronization of 
different parts of the system often causes an oscillation of error and a de-correlation of all 
input, which is biologically implausible.  Though, generative models and their underlying 
methods for inhibitory feedback are a popular approach to sensory processing, as they are 
capable of synthesizing sensory input patterns from underlying hidden variables.  
 
Hebbian and anti-Hebbian learning are two complementary learning techniques where weights 
are adapted according to correlations between the pre-synaptic and post-synaptic neurons. 
Hebbian learning uses excitatory synapses where as anti-Hebbian learning uses inhibitory 
synapses. Hebbian learning increases the correlations between the pre-synaptic and post-
synaptic neurons while anti-Hebbian decorrelates the two types of activations. Hebbian 
learning memorizes input-output relations though performs no form of decorrelation, so as to 
guarantee that the representation has a close resemblance to the inputs. Where as, anti-Hebbian 
learning is typically used to decorrelate the elements of the representation in order to maximize 
the overall information content of the representation. Both the Hebbian and anti-Hebbian 
learning rules state that the connection between two neurons is strengthened if they fire 
simultaneously, though in the case of anti-Hebbian learning the connection is inhibitory. The 
Hebbian and anti-Hebbian learning rules are supported by strong biological evidence (Hebb, 
1949). Whilst applications of Hebbian learning include those that utilize input patterns that are 
either orthogonal or uncorrelated (Bechtel and Abrahamsen, 1993; Rumelhart and McClelland, 
1986), applications of anti-Hebbian learning include Kohonen’s (1989) construction of a 
novelty filter that learned to be insensitive to familiar features in its input, lateral de-correlation 
of feature detectors (Barlow and Faldiak, 1989; Leen, 1991) as well as removal of temporal 
variations from input (Mitchison, 1991). 
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The utilization of the winner-take-all class of competitive learning methods largely depends 
upon the intended application domain. One of the most common is cluster analysis, which 
concerns the discovery and representation of clusters of related features within a set of input 
data. One example of cluster analysis is vector quantization, where a competitive unit 
corresponds to a cluster center and an error function is specified as the sum of squared 
euclidean distances between each training case and the nearest cluster center (Max, 1960; 
MacQueen, 1967; Anderberg, 1973; Hartigan, 1975; Hartigan and Wong, 1979; Lloyd, 1982). 
Vector quantization frequently appears as an algorithm known as k-means clustering, in that k-
means is an unsupervised winner-take-all competitive learning algorithm for clustering data 
into k clusters, and was originally designed for fitting a mixture of Gaussians (Duda and Hart, 
1973). Though, a typical problem that confounds winner-take-all classes of competitive 
learning models is the information bottleneck that occurs, given that these models do not learn 
representations that are able to concurrently process multiple streams of input data (Bradley 
and Fayyad, 1998). 
 
In unsupervised competitive learning, extensions of PCA and clustering methods such as the 
Self-Organizing Map (SOM) are often highlighted as being two related classes of models. The 
difference between the models concerns only the sparseness of activations in representations 
that each learns. Models that extend Principle Component Analysis (PCA) and Factor Analysis 
(FA) such as methodologies for PCA neural networks (Wang and Oja, 1993), utilize statistical 
methods to give a reduced subset of linear combinations of the original input variables. 
Methods of estimating principal components and the dynamical tracking of eigenvectors using 
neural networks has become an important research field given its applications (Baldi and 
Hornik, 1995), (Diamantaras and Kung, 1996), (Hornik and Kuan, 1992). These methods often 
assume an important role in neural networks that learn invariant features, and also have 
applications that include face recognition (King and Xu, 1995), image compression (Wang and 
Oja, 1993), and signal processing (Palmieri et al. 1993). 
 
A typical Self Organizing Map (Kohonen, 1989) is given a set of high dimensional input 
feature vectors, which are mapped onto a low dimensional space of output neurons that take 
part in a global competitive learning winner-take-all process. SOM methods often assume an 
important part of clustering and dimensionality reduction applications. The Adaptive Subspace 
SOM (ASSOM) is a modular neural network where the modules learn to identify input patterns 
that are subject to simple transformations (Kohonen, 1995a; 1995b; 1996), and was considered 
a generalized methodology for invariant feature extraction. ASSOM is related to SOM in that it 
also uses a competitive unsupervised learning process. Whilst the original SOM architecture 
employs both vector quantization, dimensionality reduction, and attempts to retain the topology 
of the input space as much as possible, in ASSOM, adaptation now takes place with relation to 
episodes of the input data. Episodes are collections of locally shifted finite segments of the 
input data that contain features common to all segments, and typically retain invariant features 
(Kaski, 1997). The ASSOM is typically used to extract invariant features with filters that are 
formed automatically based on short sequences of input samples during the learning process. 
 
It is important to note that both PCA and a SOM can be implemented using different forms of 
lateral inhibition. For example, PCA typically uses anti-Hebbian learning, while a SOM uses a 
fixed form of global competition for activations. Where as, the approach proposed in the 
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methodology of this deliverable will utilize a sparse form of coding that can be categorized as 
middle ground between the forms of lateral inhibition used by PCA and a SOM. 
 
Where as in PCA, the principal components are orthogonal and the projections of the data onto 
them are linearly decorrelated, ICA has the goal of attaining a linear transformation to 
coordinates in which the data are maximally statistically independent, not merely decorrelated. 
That is, ICA is a method of separating independent sources, which have been linearly mixed to 
produce multivariate data. Such multivariate data can potentially originate from many different 
kinds of application domain particulars such as digital images, document databases, economic 
indicators and psychometric measurements (Hyvärinen and Hoyer, 2002; Hyvärinen et al. 
2001; 2003; Pajunen, 1996; Comon, 1991; Bartlett et al. 1998; 2000; Bartlett and Sejnowski, 
1997; Donato et al. 1999). ICA uses a model of statistically independent representations, and 
assumes that independent components are non-gaussian in constructing new features, which 
are the independent components of a data set. 
 
Slow Feature Analysis (SFA) is another statistical learning technique, which is typically used 
for the learning of invariances from temporal input sequences (Mitchison, 1991), (Becker, 
1993), (Stone, 1996a; 1996b; 1996c). Traditionally, the problem of invariant feature learning 
was considered one of the most difficult problems in the theory of perception, though in recent 
years several important advances have been accomplished such as the use of Slow Feature 
Analysis (SFA). It is widely agreed that invariances are objects of relatively fixed structure, 
which affect one’s senses in greatly variable ways during a sensory experience (Malsburg, 
1981). In order to learn invariances, and to draw the same conclusions from the perspective of 
an object irrespective of variations in appearance, it is important to reduce this variability to an 
invariant representation of the intrinsic structure of the object (Sutherland, 1968). 
 
SFA is a method for learning invariant or slowly varying features from a vector input signal, 
where learning is based upon nonlinear expansion of the input signal and application of PCA to 
this expanded signal and its time derivative. SFA has the advantage that since the learned 
input-output functions are non-linear the algorithm can be applied repeatedly so that high-
dimensional input signals can be processed and a large number of uncorrelated complex 
features can be extracted in a hierarchical network of SFA-modules with minimal 
computational effort. The hierarchical network of SFA modules can learn translation, size, 
rotation, contrast, or, to a lesser degree, illumination invariance for one-dimensional objects, 
depending on only the training stimulus, though only a few training objects suffice to achieve 
good generalization to new objects, and performance degrades if the network is trained to learn 
multiple invariances simultaneously. SFA makes the assumption that primary sensory signals 
vary quickly while the perceived environment changes slowly. So, if one succeeds in extracting 
slow features from the quickly varying sensory signal, one is likely to obtain an invariant 
representation of the environment. 
 
The disadvantage of PCA and related models such as ICA (Hyvärinen et al. 1999; 2000a; 
2000b; 2000c) and SFA (Berkes and Wiskott, 2002), (Wiskott and Sejnowski, 2002), (Oja et 
al. 1996), (Yang and Wang, 1999) is that computational complexity derived from the number 
learning parameters typically scales quadratically with relation to the number of neurons or 
representational units comprising the model. For example, in PCA the number of learning 
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parameters is proportional to the number of inputs multiplied by the size of an input 
representation. So, increasing the size of the input dimensions and the size of an input 
representation by 10-fold, would lead to a 100-fold increase in the number of learning 
parameters meaning that one would require a 10-fold increase in the number of training 
samples. An estimate of computational complexity can then be derived as the number of 
learning parameters times by the number of training samples which leads to an intractable 
1000-fold increase in total training time. 
 
An important aspect common to all competitive learning models and methods is the manner in 
which information is represented in the learning model. In neuroscience literature it is 
generally agreed information could be represented either locally by the activations individual 
neurons or globally by an activation pattern that accounts for all neurons. The term sparse 
coding refers to a representational state that occurs between these two extremes (Földiák and 
Young, 1995). In coding schemes it is important to differentiate between local, sparse and 
dense coding. In local coding, each state is represented by a single active neuron in a 
population where all other units are non-active. In dense coding, each state is represented by 
approximately half of the neurons in the population being active, while in sparse coding only a 
small fraction of neurons are active at any one time. 
 
The representational capacity of local codes is very limited and they can represent only as 
many states as the number of neurons in the pool, which is insufficient for any but the most 
trivial tasks. Alternatively, the representational capacity of dense codes is a very high number 
of states and is typically applied in minimizing the number of neurons needed to represent 
information. Dense codes can represent two to the power of n, where n is the number of 
neurons in the population. The main disadvantage is that the mapping between a dense 
representation and an output could result in a linearly non-separable function, therefore 
requiring a complex implementation of multi-layer networks and learning algorithms. Sparse 
coding schemes combine the advantages of local and dense coding whilst avoiding most of the 
disadvantages. That is, codes with low activity ratios still have sufficiently high 
representational capacity, while the number of input-output pairs that can be stored in an 
associative memory is far greater for sparse than for dense patterns (Meunier and Nadal, 1995). 
 

3. Invariant Feature-Map 
An invariant feature-map is the basic building block of the proposed complete unsupervised 
learning model, which is to be a hierarchy of such feature maps. As stated in the motivation 
section of this document, many of the design principles and theories binding an individual 
feature-map are modified versions of existing models found in neural networks literature. In 
contrast to standard competitive learning models, the proposed approach of combining 
complementary competitive learning approaches yields advantages of computational efficiency 
and the capability to concurrently process large amounts of input data. This capability was the 
only missing aspect that could not be found in the literature, which is to be an important 
requisite of the overall learning model. The advantage of the proposed learning model is that 
the computational complexity and the number of learning parameters scale linearly with 
relation to the number of representational units in the model. 
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This section describes the methodology of a single feature-map, which at the date of this 
deliverable is at the prototypical stage of implementation. As illustrated in figure 1 the feature-
map is a layered structure consisting of two layers, inter-connected by a fixed set of positive 
weights that are defined a priori. The first layer is the elementary feature layer, and the second 
layer is the invariant feature layer. At the present stage of feature-map implementation, 
learning mechanisms operate only at the elementary feature layer because there are not yet 
lateral or top-down connections.  
 
The elementary feature layer processes bottom-up input data and uses competitive learning 
mechanisms in order to learn to extract and cluster similar elementary features in an 
unsupervised manner. The competitive learning mechanisms utilized at the elementary feature 
layer encourage similar elementary features that are implicit in the input data to be represented 
in spatial and temporal neighborhoods at the elementary feature layer. The invariant feature 
layer differs in that it processes and clusters neuron activations from neighborhoods of 
elementary features in order to represent invariant features. Specifically, the purpose of the 
invariant feature layer is to integrate the neural activations from the local neighborhoods at the 
elementary feature layer so as to attain similar groupings of neuronal activations as a means of 
representing invariant features at the invariant feature layer. 
 
It is hypothesized that the long-range excitatory connections4 depicted in figure 1 as connecting 
spatially disparate neurons at the invariant feature layer will encourage cooperation, via 
forming connections between topologically distant neighborhoods of neurons. The primary 
advantage that the proposed invariant feature-map maintains over other invariant feature 
learning models such as PCA, ICA, and SFA is its computational efficiency and capability to 
concurrently process large input data sets. Specifically, a neighborhood of the invariant 
feature-map processes a finite number of inputs and not all of the inputs as a typical 
competitive learning model does. 

                                                 
4 As part of the invariant feature layer, long-range excitatory connections are to be a subject of future research.  
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Figure 1: The elementary and invariant feature layers of a single feature-map. The interaction of 
complementary local and global competition mechanisms serve to cluster elementary features in temporal 
and spatial neighborhoods. The purpose of the invariant feature layer is to gather the overall activity of the 
temporal and spatial elementary feature neighborhoods in order to represent invariant features. 

 

 
Figure 2: Comparison of competitive learning mechanisms used in the proposed feature-map versus 
traditional mechanisms.  

 
For example, in our proposed model a 10-fold increase in the size of the input dimension and 
the size of an input representation leads to a 10-fold increase in the size of training samples, 
though these dimensions increase simultaneously. This leads to a 10-fold increase in the 
number of learning parameters and the total-training time. Hence, the number of learning 
parameters in our proposed model is proportional to size of a training sample multiplied by a 
constant. Thus, a 10-fold increase in the size of the input dimension and the size of input 
representation leads to 10-fold increase in the number of learning parameters, increasing total 
training time by only 10-fold. 
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Figure 3: Depicts the migration of input axons at the elementary feature layer. Note that, the competition 
radii with centers defined by the center-of-mass of different input axons overlap on the elementary feature 
layer. When input weights are few and weak, the bottom-up input axons migrate to other areas of the 
elementary feature layer. Where as, when input weights are relatively numerous and strong, different input 
axons attract as the learning rule causes these weights to be strengthened.  

 
3.1. Competition Mechanisms 
The feature-map unsupervised learning approach combines local and global competition 
mechanisms, for the purpose of extracting elementary and invariant features within a layered 
model. Traditional global competition mechanisms such as winner-take-all have the 
disadvantage that they are unable to represent information in concurrent processing streams, 
and they are not able to process large amounts of information. 
 
Local competition mechanisms are able to process large amounts of information but in order to 
avoid redundancy in the representation, inputs have to maintain restricted arbors. This works 
well in simple domains where the spatial structure of the problem suggests a topography, 
which can be used to predefine the connections. In complex multi-modal representations the 
problem is that it is impossible to know in advance how the bottom-up inputs from different 
modalities should be connected. 
 
We propose a novel global competition mechanism, which is based on restricted axonal arbors. 
The elements of the representation compete locally for activations and globally for their 
bottom-up input connections. Figure 2 illustrates the difference between traditional 
topographic learning mechanisms (right) and our approach (left). The proposed approach has 
the advantage that it is computationally efficient, is able to process large amounts of input data 
concurrently, and the training time and computational complexity scales linearly with the size 
of the models’ representational units and the size of the input data set.  
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The crucial feature of the global competition mechanism is the restricted axonal arbor whose 
location shifts adaptively during learning. During learning, bottom-up connections can form 
only if the post-synaptic neuron is within a certain radius from the center of the axonal arbor. 
Local competition of activations only needs to take place within a similar radius because there 
is no risk of having redundant representation if neurons are so far away that they cannot share 
inputs. Our model differs from previous models with restricted arbor sizes in that the center of 
axonal arbors is adapted. The center is defined to be the center of mass of the weights that the 
arbor has. When the weights are adapted, the arbor may shift. 
 
Figure 3 illustrates two different arborisation scenarios. First, where axon activations are 
correlated, they build relatively stronger weights in the area where the axons overlap and 
consequently two different input axons migrate to this spatial grouping, and second where 
activations are not correlated, the weights are weaker and different input axons migrate away 
from the area with overlap. It is important to note that axonal arborisation does not actually 
occur due to attraction and repulsion of axons but rather as a result of a particular axon finding 
the areas where they are allowed to build stronger weights. This clusters axons and serves to 
cluster related information together. 
 
The combination of the proposed local and global competitive learning mechanisms, as well as 
a yet to be implemented local cooperation mechanism are illustrated together in figure 4 as a 
description of the overall topographic learning model at the elementary feature layer. The areas 
of effect of these learning mechanisms are depicted in the figure as radii 1, 5, and 4 for local 
competition, local cooperation and global competition respectively. Radii 2 and 3 (not depicted 
in the figure) denote the areas of effect for competition mechanisms operating at the invariant 
feature layer, where each of these is a localized divisive competition mechanism. Specifically, 
these areas of effect are the spread of connections5 from the elementary to the invariant feature 
layer, and the local competition radius at the invariant feature layer, respectively.  
 
3.2. Computation for Activations 
Global competition for bottom-up input weights (figure 1) and local competition for activations 
(figure 3) occur on different timescales. That is, local competition for activations occurs within 
brief time periods, where as global competition for bottom-up inputs occur within relatively 
longer time periods as this mechanism affects the topography of the feature-map. The local 
competition mechanism is subtractive and is implemented such that competition takes place 
within a defined neighborhood of neurons. This mechanism is generally formalized as 
presented in equation 1, where a is total activation and a’ is average activation, that is, the 
spatial average taken across a set of elementary feature layer neurons.  

                                                 
5 Given a spatial and temporal ordering of elementary features at the elementary feature layer, elementary features 
are integrated at the invariant feature layer in order to define and extract invariant features. In order to accomplish 
this a spread of connections from localized elementary feature neighborhoods to localized invariant feature 
neighborhoods needs to be learnt. 
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Figure 4: Depicts competitive topographic learning at the elementary feature layer. Note the local and 
global competition mechanisms that are illustrated. Specifically, global competition for input weights and 
local competition for activations within neighborhoods of neurons.  

 
ƒ = ( a – a’ ) 

 
Equation 1: A subtractive competition mechanism is implemented as a means of competing for activations. 

 
The localized competition mechanism at this feature layer is such that lateral connections 
within a pre-defined radius are inhibitory, and the learning of connections are discouraged with 
neurons that are spatially distant from the center of the competition radius. Specifically, this 
lateral competition mechanism is implemented as a leaky integrator, such that the greater the 
distance spatially from the center of the competition radius, the greater the level of inhibition. 
This competition mechanism is actually implemented using two functions, termed rectify and 
smooth presented in equations 2 and 3 respectively. 

 
Equation 2: The rectify function implements a local competition mechanism at the elementary feature layer, 
where ξ denotes the activation of a given neuron. 

 
As presented in equation 2, the rectify function implements a competition mechanism where 
pre-processing is done, so that only nodes with activation values above the average and within 
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a competition radius will be able to form connections to the invariant feature layer. The rectify 
function assigns a zero activation to neurons that have below average activation, and grades 
neurons that have activations above the average as winners, meaning that there are multiple 
winners, each positioned within multiple competition neighborhoods. Thus, each of these 
winners maintains an activation x above the neighborhood average and will be surrounded by 
neurons with zero activation. Note that in equation 2, ξ denotes the activation level of a given 
neuron. 
 

a = rectify ( a* – smooth ( a* ) ) 
Equation 3: The local competition mechanism for the elementary feature layer first smoothes activation 
values within a local neighborhood and then inhibits lateral connections to neurons with below average 
activation.  

 
As presented in equations 3 and 4, the purpose of the smooth function is to have all elementary 
feature layer neurons within a certain competition neighborhood connect only to neurons that 
are spatially close within the invariant feature layer. So, the smooth function in effect applies a 
gaussian curve from the center-of-mass of a given input axon such that the greater the 
topographic distance that another neuron is from this center-of-mass, the less chance that a 
connection will be made. 
 

 
Equation 4: The smooth function serves to specify the radius of spread of connections from the elementary 
feature layer to the invariant feature layer, such that neurons are ordered in space and time at the 
invariant feature layer.  

 
The result of the smooth function is that connections between the elementary feature layer and 
the invariant feature layer will be localized such that connections will be made from the center-
of-mass of a bottom-up input axon in a given local competition neighborhood to a particular 
topographical grouping of neurons at the invariant feature layer. Thus, there is local 
competition for inputs at the invariant feature layer but no global competition as occurs at the 
elementary feature layer. Regarding equation 4, it is important to note that lateral and top-
down are to be later additions, which will specify the computation of lateral and top-down 
connections, and θ serves as a threshold constant with the purpose of mediating activation 
normalization, such that if the activation is low then it will not be normalized to too high a 
level. 
 
Aside from local competition for activations, the global competition mechanism implemented 
for bottom-up inputs uses a learning rule as a means of gathering overall activations for 
localized spatial and temporal neighborhoods, and facilitating axonal arborisation of the 
bottom-up inputs. That is, the result of global competition for input weights (input axons) is 
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that these axons migrate depending upon if activation weights within a particular spatial 
grouping correlate or not (figure 3).  
 
3.3. Learning rules 
The learning rule used to learn the bottom-up input weights is an activity dependent form of 
Hebbian learning, where learning is modulated by a “neuro-modulator” which serves to 
determine the level of activity within spatially and temporally arranged competitive 
neighborhoods of neurons. Additionally, there is a penalty for weights that are located too far 
from the center-of-mass of a given input axon-arbor.  
 
This learning rule is presented in equation 5, where H(c) is a neighborhood function that 
discourages connections made to topographically disparate neurons and encourages spatial 
ordering of neurons. Note that, the * denotes point-wise multiplication.   
 

 
Equation 5: Modified Hebbian learning rule used to learn bottom-up input weights to elementary feature 
layer. 

 
Note that: H(c) can be expanded to equation 6, where: h ij (C xi , C yi , C xj , C yj) are the 
coordinates which are computed based on connection weights, where C denotes the coordinates 
of the center-of-mass of a given input axon arbor, and where: i is ith input, and j is jth feature 
map. 
 

 
Equation 6: At the elementary feature layer H(c) is a neighborhood function that discourages connections 
made to topographically disparate neurons and encourages spatial ordering of neurons, where c denotes 
the coordinates of the center of mass connections in the bottom-up input axons.  

 
The weight update rule for time t + 1 is presented in equation 7, where x is input at time t and b 
corresponds to activations for invariant feature layer, and the smooth function serves to 
spatially and temporally gather neurons. Note that τ corresponds to the time scale of the 
integration as utilized by the leaky integrator. 
 

 
Equation 7: Update rule for the learning rate, in the modified Hebbian learning rule, where the signal to 
noise ratio is mediated by R. 

 
Using the complementary local and global competitive learning mechanisms at the elementary 
feature layer, and a trial set of input data, we were able to execute several sets of simulations to 
achieve the migration of axonal arbors. These preliminary results are discussed in the 
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following section, though it is important to note the local cooperation mechanism, as discussed 
in the methodology section, was implemented only in the form of spatial cooperation within a 
local neighborhood of neurons at the elementary feature layer. Additionally, these experiments 
concern only the elementary feature layer so competition mechanisms that operate at the 
invariant feature layer were not implemented. 
 

4. Preliminary Results 
In order to prove that the self-organizing mechanism works, an experiment was conducted in 
which computer-generated data, specifically the input data sample presented in figure 5, was 
presented with a certain degree of spatial correlation, but no temporal correlation. This data 
was used to produce a regular topology in the elementary feature layer. The data consisted of a 
sequence of 1-dimensional input patterns of colored noise, which were produced by smoothing 
and rectifying Gaussian noise. A 50x1 vector represented these input patterns, where each 
entry corresponded to specific axon activation.  

 
Figure 5: Input data sample for the elementary feature layer, which was generated in Mat Lab. 

 
Figure 6: The initial organization of the input axon arbors. 
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Figure 7: The organization of the input axon arbors after the presentation of 2500 input patterns. 

 
Initially, the axon arbors are distributed randomly over an elementary feature layer, which is 
comprised of 15x15 neurons. The initial organization is depicted in figure 6, where the 50 
positions of each axon arbor’s center of mass are plotted on the elementary feature layer. The 
lines connecting these different centers of mass correspond to each axon’s relative position in 
the input pattern with respect to the other axons. It is evident that at the start of the experiment 
the positions of these arbors on the elementary feature layer lack any meaningful organization. 
Figure 6 presents the initial organization of input axon arbors, where as figure 7 and figure 8 
show the organization of the arbors after the presentation of respectively 2500 and 5000 input 
patterns. Clearly can be seen that the arbors are able to disentangle themselves and distribute 
evenly over the elementary feature layer. In order to understand why this happens one must 
note the particular dynamical characteristics of axon migration. Each neuron on the elementary 
feature layer maintains a fixed amount of synaptic weights. All arbors compete for the weights 
and consequently repulsion exists between all arbors. In the meantime, arbors of axons that are 
quite uncorrelated repel more than those that have more correlation. Though, in our case 
correlation occurs because the axons are spatially close. The migration routes of arbors 
therefore resemble the paths of least resistance. 
 
It is important to note that the ability of the map to organize itself is quite dependent on a 
number of parameters. For one, the standard deviations of the local and global competition loci 
should be related to the distribution of related arbors. If related arbors are far apart and the 
standard deviations are too small, these arbors will not be able to ‘find’ one another. Secondly, 
the feature map should provide enough room for arbors to actually move around.  
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Figure 8: The organization of the input axon arbors after the presentation of 5000 input patterns. 

 
Additionally, it is important to note that in our eventual implementation the arbors are already 
given a coarse organization on the feature map a priori, so the arbors do not have to migrate 
very much. The feature layer size can therefore be smaller, as well as the standard deviations of 
the competition mechanisms. 
 

5. Conclusions  
In conclusion, the experiments have highlighted that the use of complementary competitive 
learning mechanisms serve as a self-organizing mechanism of the elementary feature layer, and 
are able to organize randomly distributed axon arbors quite effectively. Although for an initial 
random organization the parameter tuning is reasonably sensitive, this should not affect the 
learning model too much, as for our purposes the arbors will be given a basic structured 
organization anyway, thus sparing them from the need to migrate long distances. Though as the 
next step in the design of the learning model it is important to illustrate that this self-
organization of migrating axon arbors can lead to the formation of invariants in the invariant 
feature layer, which will be reported upon in the deliverable 5.3. 
 

6. Future research 
This document presented the design principles and functional outline for only a single invariant 
feature-map unit. Deliverable 5.3: Initial implementation of the integration model will report 
preliminary results from initial experiments that use a hierarchy of invariant feature-map units. 
Though, there are several important points, mentioned throughout this document that were not 
implemented as part of the invariant feature map unit, and are thus to be the subject of future 
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research. Such points include that will be addressed in deliverable 5.3 include the derivation 
and implementation of mechanisms for habituation and novelty detection, as well as multi-
modal integration and transfer within a hierarchy of feature maps for the purpose of testing the 
hypothesis that particular connections made between multiple invariant feature-maps will give 
rise to particular multi-modal representations. 
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